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���ก�������������������������������������ก��ก     !"#�����$�%�&����ก����	
���ก����

��%��'(
�)�    *���%����+,	-�./ก�0�1+�#�ก!2
���%3��	!
��,�3������%+" �"�0�-45�ก����6,  3 -45�   �
-�ก��
�!��ก3��ก8�#'
������+"����!��ก-45�)�� ( A.JIA  ���-45���� 3  �$��"����0�3�������	
���ก��������������3�3+)*� ) 

��#  ���ก 

1. -45����#������"�4�54?1*#(� 1. +�*ก!2
�(�- ������%���������ก��3��������ก�� 

2.   ��ก!2
�(�- ����%��������������ก��*�-#  x +"�+� ƒ(x) 

3.  6��	0�6��)�
3�
 	
 ƒ(x) 3�� �� x *�-#�4����(��ก�� 
2. �'(�!�*ก����	
���ก�������-)� 
 

1.  ���(43��ก!2
�(�- ��.�A���#��
�ก�� A  !"��	
�x 3��'��� A 

2.   ��	
��� x 3��'���  A 3�.�A�-�����ก��+"�+�ƒ(A) 

3.  �������!��#� A ���� x 	��+"�+�ƒ(x) 
3. �'(�ก����	
���ก������ JIA  

 
 

 

Ex.1   ก0���*3�� ƒ(x + 1)  =  2x - 1     +��  ƒ(x) 
��# � � 1  ( ��# ����)� ) 

 

 

 

 
 

��# � � 2  �,�	��-����)� 

 

��# � � 3  �,�	/�� JIA 

ƒƒƒƒ(x + 1)  =  2x - 1 
                         

    ƒƒƒƒ(x)=   66666.   

                                                                    

                =   66666 

 

Ex.2  ก0���*3��  ƒ(x - 1) = 3x + 4   +��  ƒ-1(x + 1) 
��# � � 1  ( ��# ����)� ) 

 

 

 

 
 

 

��# � � 2  �,�	��-����)� 

 

��# � � 3  �,�	/�� JIA 

ƒƒƒƒ(x - 1) = 3x + 4 
                         

ƒƒƒƒ-1(x + 1) =   66666   

                                                                    

                 =   66666 
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Ex.3  ก0���*3��  ƒ(2x - 3) = 5x + 7    +��	
���  ƒ-1(-3)  
    1.  8 2.  -8 3.  7                       4.  -7 
 

Ex.4   ก0���*3��  1
2

1
1

2

1
−=







 + xxf   +��-
�  ƒ-1(2)    (�ก�����3*  

             1.  0                          2.  2                              3.  4                           4.  6 
 

Ex.5   ก0���*3��  ƒ(6x + 4) = 3x - 1        +��  ƒ-1(x + 1)  
   1.  2x + 4 2.  2x + 8 3.  2x - 4 4.  2x - 8 
 
 

    TipK  ก�	<���,�	��-/��  JIA  <�ก�	��������ก
���� �!�"!���=>��?�	@<��)-�ก�"A=��
�Bก�/��    C���?����D� 

                A=��
���=D����?�กกE��		,��F��?��� 

  1.  A=��
� �? ���C�	���=D����?�ก��	=>�-������C�	A-�ก�	�D�<�����.............................. ก���C�������<�� 

        �,�	��- 

2.   A=��
� �? ���C�	กD������G����	ก��C�><����  ƒƒƒƒ-1(x)    ��	=><���,�	��-�HF�>............................................ 

       ..................................................................................... =>�	E�ก��� (�	E�� ��B-) 

 

A=��
� �? ���C�	���=D����?�ก 

Ex.6   6��  ƒ(x + 1)  =  x3 + 3x2 + 3x + 3      	
���  ƒ-1(-6)      	�����3*(
�)���% 
           1.  -4 2.  -1 3.  1 4.  )�
�����6'ก 
 

Ex.7   6��  ƒ(x + 1)  =  x3 + 3x2 + 3x + 5    !"  g(x M 2)  =  2x - 3  !�-  ƒ-1(-4) M g-1(-1)   ��	
���
�ก�����3* 
           (
�)���%  

      1.  -3 2.  -1 3.  1 4.  3 
 

A=��
� �? ���C�	กD������G����	ก�� 

Ex.8  ก0���*3��  
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               ��# � � 1  (��# ����)�) 

 

 

 

 

 

 

 

 

��# � � 2 �,�	/�� JIA 

 

 

Ex.9   ก0���*3��  
3

2
)(

+
−

=
x

x
xf  ����� 3−≠x   ���3*	��  ƒ-1(3)     

          1.  
2

9
−          2.  

2

9  3.  
2

11
−                          4.  

2

11  
 

               ��# � � 1  (��# ����)�) 

 

 

 

 

 

 

 

��# � � 2  �,�	/�� JIA 

 

 

ก�	��������ก
����	>ก�" 

 1+�#�+"ก0���*��ก����#
�#��3��  !"3����	
���ก������"ก�����+2*3*+2*��,�     ก���0�1+�#�ก!2
���%
+"�0�)*� 2 -45�  	�� 
            1.  ����ก������"ก��3�����8+ก
�� !�-	
�# ��	
� x �$�����	
���ก������"ก����ก�� 
            2.  ��	
���ก����#
�#�����1*# ��+�ก��%�3��2*ก
��       !"	
�#N ��+��+�	
���ก���� 
                 ��"ก�����(��ก��  ( -45���%�����63���'(�ก����	
���ก���������
-#	4* ) 
            /��C�>�D�    -45���� 2 +"����-45�����-*��8-ก-
�����"+"3���0�)��0�������+�4 
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Ex.10   ก0���*3��  ƒ(2x + 1)  =  3x + 2   !"  g(3x M 2)  =  5x + 1  +��	
���  (g O ƒ)(5)  
   -45����  1 

 

 

 

 

 

 

 
 

-45���� 2  3���'(�ก����	
���ก������ JIA 

 

Ex.11   ก0���*3��  ƒ(3x + 1)  =  5x + 2   !"  g(5x + 3)  =  4x + 1  +��	
���  (g O ƒ-1)(12)   
     -45����  1 

 

 

 

 

 

 

 

-45���� 2  3���'(�ก����	
���ก������ JIA 

 

Ex.12   ก0���*3��  ƒ(3x + 1)  =  5x + 2   !"  g(5x - 3)  =  4x + 1  +��	
���  (g O ƒ)(7)   
        1.   10                     2.   11                        3.   12                    4.   13 

 

Ex.13  ก0���*3��  ƒ(2x + 1)  =  3x + 2   !"  g(3x - 2)  =  5x + 1  +��	
���  (ƒO g -1)(16)   
        1.   10                     2.   11                        3.   12                    4.   13 

 

Ex.14   ก0���*3��    ƒ(x)  =  3x - 2   !"  g(x)  =  2x + 7  +��	
���  (g-1 O ƒ-1)(2)        ( �(��#�P ) 
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               1.  
2
7

−                2.  
6

17
−                       3.  

6
1

−                       4.  
6
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Ex.15    6��  ƒ-1(x)  =  
2−x

x      !"  (ƒO g)(x + 2)  = 3x + 6     !�-  g(2)  ��
�ก�����3*(
�)���%  

        1.   
6

5                      2.   
2

3                         3.   
5

12                     4.   
11

24  

************************************************************** 

ก�	��=D�����!��!�������	����ก����� 

  "�����?      
               ก0���*3��  1−=i    !" i   6'ก���#ก-
���,���
-#+4�(R�$  ( Unit of imaginary ) 
ก�	�����/�� in 

�-�������� in �F�����O��	B�      ก�	�����/�� in C""����)� 

   ก!2
���� 1 ก!2
���� 2 ก!2
���� 3 ก!2
���� 4 

i1  =KK.. 

i5  =KK.. 

i9  =KK.. 

M  

i2  =KK.. 

i6  =KK.. 

i10  =KK.. 

M  

i3  =KK.. 

i7  =KK.. 

i11  =KK.. 

M  

i4  =KK.. 

i8  =KK.. 

i12  =KK.. 

M  

 

3������!���%ก0�!� n ���*�-# .........6�� 

��!���]^  1   !�-	
���  in  =KKK. 

��!���]^  2  !�-	
���  in  =KKK. 

��!���]^  3  !�-	
���  in  =KKK.  

!(�-$�*�     !�-	
��� in  =KKK. 
  

 

     Tip...        +�กก_ก�����!(�-����0� 4|n ��3��)*�ก��ก����	
���  in )*��#
��-*��8- 	�� 

                     3���0�......................................��  n  �����*�-# 4 ก8$�    
 

 

Ex.1  +��	
���  in (
�)� 
          1.  i12    =  ..................................              6.  i102    =  .................................. 
          2.  i27    =  ..................................              7.  i200    =  .................................. 
          3.  i33    =  ..................................              8.  i325     =  .................................. 
          4.  i70    =  ..................................              9.  i1250    =  .................................. 
          5.  i56    =  ..................................             10.  i2,000  =  .................................. 
 

Ex.2  +��	
���  in (
�)���%�#
��-*��8-����2* 
          1.  i5,417            =  .................................. 2.  i2,365,413       =  .................................. 
 

          3.  i236,598,720      =  .................................. 4.  i1,526,598,841   =  .................................. 
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Ex.3   	
���   
780624523481

1000983720541

iiii

iiii

+++

+++  ��	
���
�ก����
�3* 

          1.  1 2.  -1 3.  i 4.  -i 
 

������ก�	�กกD���� (a + bi)n  

      ก����	
� (a + bi)n
 6�����3��-45�	4* �� 

444444 3444444 21
n

n biabiabiabiabia )(...)()()()( +⋅⋅+⋅+⋅+=+  

�,�����-45�$�%�&��+�4N��%�)�
����"��ก��ก���0�ก���0������� �
  ���+,	-��'�+�ก��	�4	(
�N*���% 
 ��	�4	���-)�  The Best Soln

 

�����  a  =  ±b  

 

 

(a + bi)n  =  

�����  a  ≠  ±b  

 

 

(a + bi)n  =  

 

��������A=��
� �  a  =  ±±±±b 

Ex.4  +��	
���  (1 + i)10  

��	�4	���-)� The Best Soln
 

(1 + i)10 = ............................................................. 

               = ............................................................. 

               = ............................................................. 

               = ............................................................. 

(1 + i)10 = ............................................................. 

                = ............................................................. 

 

 

Ex.5  +��	
��� nbia )( +    3����8-����2* 
  1. (1 M i)10  =........................................... 

                   =  ...........................................    

  2. (1 M i)20  =........................................... 

                   =  ...........................................    
 

3.  (2 M 2i)6   = ........................................... 

                       =  ...........................................    

4  (1 + i)15    = ........................................... 

                      =  ...........................................    

                        =  ...........................................    
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Ex.6   	
���  (-1 + i)10    	�����3* 
            1.  32 2.  -32 3.  32i    4.  -32i 
 

Ex.7  	
���  (1 - i)10 + (2 + 2i)5    510 )22()1( ii ++−   	�����3*  
            1.  128 M 160i 2.  -128 M 160i 3.  160 M 128i   4.  -160 M 128i 
 

Ex.8  
10

6
6

)1(

)1(
)1(

i

i
i

+
−

×+ −   ��
�ก��   

            1.  i
64

1

64

1
+  2.  i

32

1  3.  i
8

1  4.  
4

1  

 

��������A=��
� �  a  ≠≠≠≠  ±±±±b 

Ex.9  +./ก��	
��� 3)31( i±±   !"��2�j!�$����0�)���"#2ก(�3�� 
 

 (a + b)3 =        a3    +   3a2b   +   3ab2     +   b3 
        

             1.  3)31( i+   = .................................................................................................................... 
                                     = ................................................................................................................... 
                                     = ................................................................................................................... 
             2.  3)31( i−   = .................................................................................................................... 
                                     = ................................................................................................................... 
                                     = ................................................................................................................... 
             3. 3)31( i+− = ................................................................................................................... 
                                     = ................................................................................................................... 
                                     = ................................................................................................................... 
             4. 3)31( i−− = ................................................................................................................... 
                                     = ................................................................................................................... 
                                     = ................................................................................................................... 
 

Tip6       ��2�	
��� 3)3( i±±  ���� 3)31( i±±   ��ก+"6'ก�0�����ก���������� 

                   ��������6��	
�)*��#
��-*��8-1*#3���!�ก   k .......... ��
� )�
���  ......... l 
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Ex.10  +./ก��	
��� 3)3( i±±  ���� 3)31( i±±   3����8-����2* 
 

           1.  3)31( i+   = ......................................          5.  3)3( i+ = ......................................    
 

           2.  3)31( i− = ......................................      6.  3)3( i− = ......................................    
 

           3. 3)31( i+−  = ......................................    7. 3)3( i+− = ...................................... 
 

           4. 3)31( i−−  = ......................................    8. 3)3( i−− = ...................................... 
Ex.11  +��-
�	
��� 9)31( i+  (�ก�����3* 
            1.  512 2.  -512 3.  512i 4.  -512i 
 

Ex.12   6��   63 )3()3( iiA +++=      !" 63 )31()31( iiB +++=     
             +��	
���  A + B  ��
�ก�����3* 
             1.   -8 M 8i 2.  -8 + 8i 3.  8 M 8i 4.  8 + 8i 
 

Ex.13 3��  iZ 31−−=    !�-  Z6 + Z-6  ��
�ก����
�3*   

            1.  
6

12

2

12 +  2.  
6

12

2

12 −  3.  
12

6

2

12 +  4.  
12

6

2

12 +  

 

Tip6       ��2�	
��� 3)
2

1

2

3
( i±±  ���� 3)

2

3

2

1
( i±±   ก8��ก+"6'ก�0�����ก���������� 

                  ��������6��	
�)*��#
��-*��8-1*#3���!�ก�*4�N 	��   k .......... ��
� )�
���  ......... l 

Ex.14  +./ก��	
��� 3)
2

1

2

3
( i±±  ����  3)

2

3

2

1
( i±±  3����8-����2* 

 

             1.  3)
2

3

2

1
( i+    = ......................................          5. 3)

2

1

2

3
( i+  = ......................................    

 

             2.  3)
2

3

2

1
( i−  = ......................................       6. 3)

2

1

2

3
( i−  = ......................................    

 

             3. 3)
2

3

2

1
( i+− = ......................................      7. 3)

2

1

2

3
( i+− = ................................... 

 

             4. 3)
2

3

2

1
( i−− = ......................................      8. 3)

2

1

2

3
( i−− = ................................... 

 

Ex.15   	
��� 3)
2

3

2

1
( i−   (�ก�����3* 

             1.  1 2.  -1 3.  i 4.  -i 
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Ex.16   	
��� 9)
2

3

2

1
( i+   (�ก�����3* 

             1. 1 2.  -1 3.  i 4.  -i 

Ex.17   	
��� 99)
2

3

2

1
( i+   (�ก�����3* 

             1. 1 2.  -1 3.  i 4.  -i 
 

Ex.18  ก0���*3��  
2

3−
=

i
Z   +��	
���  Z60   

             1. 1 2.  -1 3.  i 4.  -i 
 

Ex.19  ก0���*3��  ix
2

3

2

1
−−=    !"  iy

2

3

2

1
+−=   	
��� X999 + Y1,000   (�ก�����3* 

            1.  i
2

3

2

1
+   2.  i

2

3

2

1
+−  3.  i

2

3

2

1
−  4.  i

2

3

2

1
−−  

 

Ex.20  6��  iZ 312 3 +=    !"  bia
Z

Z
+=

− 27

18

  ����� a, b ����+0��-�+�4 !�-  a + b 

            ��	
���
�ก�����3*(
�)���% 
            1.  -1 2.  0 3.  1 4.  2 
 

Ex.21   3��  
100

2

1

2

1










+= iA    !"  

8

2

3

2

1










+−= iB   +��	
���  

B

A   (�(��#�P) 

 1.  i
2

3

2

1
+   2. i

2

3

2

1
−−  

 3.  i
2

3

2

1
−   4.  i

2

3

2

1
+−  

 

Ex.22  	
��� 4

8

)22(
2

3

2

1
ii +−










+  ��
�ก�����3* 

           1.  i33232−   2.  i33232 +  3.  i36464 −  4.  i36464+  
 

Ex.23  	
���  
4

36

)1(

)1()31(

i

ii

+−
−+   (�ก��	
�3����3*(
�)���% 

            1.  32 + 32i  2.  32 M 32i  3.  -32 + 32i 4.  -32 M 32i 
 

Ex.24  	
���  
900

358723

2

)1()3( ii −+   (�ก��	
�3����3*(
�)���% 

            1.  -4 2.  4 3.  -2 4.  2 


